[1] Hoc sinh nghién ciru trudc & SGK (Pai s6 & Giai tich 11) tir trang 29 dén trang 36;

[2] Huy ddng lai kién thirc vé cac cong thire lwong giac & 16p 10;

[3] Thao luan véi c&c ban cing 6p va gido vién vé cac phwong trinh lwong giac thwong gip;
[4] “Chét” kién thirc trong tam va ghi nhé;

[5] Thao luan & Ghi chép can than cac bai giai cia bai tap miu do gido vién hwéng dan;

[6] Lam céc bai tap tw luan, bai tap tric nghiém dwoc giao.

BAI 3. MOT SO PHUONG TRINH LUQNG GIAC THUONG GIAP

Dang 1. Phwong trinh bac nhit theo mdt ham sé lweng giac

Phuwong trinh bdc nhdt theo mét ham sé lwong gidc la cac phwong trinh ¢6 dang:

asinx+b=0; acosx+b=0; atanx+b=0; acotx+b=0

A. PHUONG PHAP GIAI

% Phwong phdp gidi: Chuyén vé phwong trinh lwong gidc co ban.

B. BAl TAP MAU
Vidu 1. Hoc sinh xem vidu 1, vidu2 ¢ SGK

Vidu 2. Giai cac phuong trinh sau:
a) 2cosx—\/§:0 b)\/gtan3x—3:0
c) \/§cot(x+%j—1:0 d)2cos(x+50°):—«/§
Huéng dan Giai
T
X=—+k2xw
a) 2cosx—\/§:0<:>cosx=§<:>cosx=cos%<:> 6 (keZ)

X=—£+k27r
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b) v3tan3x—3=0

PK: cos(3x)¢0<:>3x¢%+k7r<:>x¢£+k—7[,kez

PT < tan3x=+/3 <:>tan3x=tan%<:>x=£+k—”,(keZ).

Dang 2. Phwong trinh béc hai d6i véi mét ham sé lwgng giac

Phuong trinh bac hai chira mot ham sé lwong gi4c 1a phuong trinh c6 dang :

sinu(x) ’ sinu(x)
cos u(x) b cosu(x) _
tanu(x) tanu(x)
cot u(x) cot u(x)

Trong d6 a, b, ¢ 1a cac sb thuc, u(x) Ia biéu thic chia x

A. PHUONG PHAP GIAI

% Cdc phwong trinh ma sau khi bién déi ta dwoc mét trong cac dgng sau (a #0):

e asin’u+bsinu+c=0 (1) e acos’u+hbcosu+c=0 (1)
Dat t =sinu

Dat t =cosu
Pieu kién: —1<t<1

Pieu kien: —1<t<1

(1) = at*+bt+c=0 (1)< at*+bt+c=0
e atan’u+btanu+c=0(1) e acot’u+bcotu+c=0(1)
Pieu kién: cosu =0. Pieu kien: sinu = 0
Pagt t =tanu, Pat t =cotu,
(1) at*+bt+c=0 ()= at*+bt+c=0

B. BAl TAP MAU
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Vidu 3. Hoc sinh xem Vidu 4 & SGK

Vidu 4. Gial cac phuong trinh sau:
a)3cos? X—5c0sX+2 =0 b) 3tan’x—2v3tanx + 1 = 0
€)2sin®x+3sinx—2=0 d) 3cot’x+3cotx—2=0

Huéng dan Giai
a) 3cos®x—5cosx+2=0

bat t=cosx,te[-11]

t=1 (n)
Pt = 3t’-5t+2=0= 2
t== (n)
3
Khi t=1<cosx=1< x=k2x
. 2 2 2
Khi t==—<cosx=—=< x=arccos| — |+k2z ,(keZ)
3 3 3
b) 3tan®x—2+/3tanx + 1 = 0
bK: cosx¢0<:>x¢%+k7r,kez

bat t =tanx

Pt <3t2-23t+1=0=>t="—>

ol

N 5

Vi t=L o tanx=" o tanx=tanZ < x= 2 +kz (keZ)
3 3 6 6

CHUONG 1. HAM SO LUQONG GIAC VA PHUGNG TRINH LUONG GIAC NAM HOC 2021-2022




Vidu 5. Gial cac phuong trinh sau:
a) tan’x—3tan’Xx—2tanX+4=0 b) 4sin®x+4sin’ x—3sinx =3

C. BAI TAP CO BAN

Bai 1.  Giai cac phuong trinh sau:

a) 2cos? X+~/2cosX—2=0 b) 2cos®*x—3cosx+1=0
C) 6sin®x—5sinx—4=0 d) \/§tan2x—(1+«/§)tanx+1=0
e) tan23x+(1—\@)tan3x—\@=0 f) 4cot2§—2(x/§—1)cot§—\/§:0

Bai 2.  Giai cic phuong trinh sau:

a) sin®X—2cosX+2=0 b) cos®x+sinx+1=0

€) 2cos2x+4sinx+1=0 d) 2c052x—2(\/§+1)cosx+«/§+2zo

) tanzx—i+5=0 )i > —1+tanX—\/§(tanX+l):O
COS X cos® X
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D. BAI TAP NANG CAO

Bai 3.  Giai cac phuong trinh sau:

1 T
>—+cot| ——X =3
CoS” X 2

€) 1+sin3x=sinXx+co0s2x

b) 2sin®x =1+sin3x

a) tan’X—1+

1 7
+cosX—————=0
cosx 4

e) cos® X+ f)

2

cos’ X cos?® x

d) tan® x+cot” x+2(tan x+cotx) =6

+cot? x+g(tan X+cotx)+2=0

Dang 3. Phwong trinh bac nhat d6i véi sin x va cos x

(Phwong trinh c6 dién)

Cédang asinx+bcosx=c véi a,b,ceR,va a®>+b*=0

A. PHUONG PHAP GIAI

biéu Kién dé phirong trinh cé nghiém la: a* +b? > c?

Chia 2 vé phirong trinh cho~a® +b* | ta duwoc:

a b c
Ja? +b? Ja? +b? Ja? +b?

2
j =1 nén dat cosa =

.Sinx + .COSX =

, Sing =
a?+b?

Vi a ’ b
| Ja? +b? ' Ja? +b?

Khi do ta dwoc: sin(x+a)=

a?+b?

> Chy: Néu a=b co thé dung cong thize sau dé gidi:

sin xicosx=\/§sin(xi%)=i 2cos(x¢%}

b
Jva? +b?

roi gidi nhw phwong trinh co ban.

B. BAl TAP MAU

Vidu 6. Hoc sinh xem Vidu 9 ¢ SGK
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Vidu 7. Giai cac phuong trinh sau:
a) sinx++/3cosx=1 b) cosx—~/3sinx=~/2
C) 3sin3x—4cos3x=5 d) 2sinX+2c0sX—+/2 =0

Hwéng dan Giai

\/§ 1 T . . T
COSX =— <& C0S—SINn x+3|n§cosx = >

a) sin x+\@cosx=1©%sin X+

x=-2+k2zx

T T
X+—=—+k27
. V4 1 . . 6
& sin| X+ = |[== o sin| x+ = |=sin= < = (kez)
3 2 3 6 V4 T V4
X+—=—=m——+Kk2x X:E+k27r
b) cosX—/3sinx=+2 @%cosx—gsinx:ﬁ <:>sin£cosx—cos%sinx=g
T T T
——X=—+k2r X=———Kk2r
osin| Z-x :£<:>sin Z_x]=sinZ | O 4 = 12 (kez)
6 2 V4 T 1
E—X=7Z'——+k2ﬂ' X=———k272'
CAC CAU CON 121 TAIM EOME T ...ttt ettt b et b et e b e bt e Rt e bt e s e e be et eeheebeen e e beeneenbeenee e
Vidu 8. Giai cac phuong trinh sau:
b) sin9x++/3cos7x =sin 7x++/3c0s9x

a) cosx—\/gsinx =2c0s3X
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C. BAI TAP CO BAN

Bai 4.  Giai cac phuong trinh sau:
a) sinX—cosX=76 b) \/gcosx+sinx:—\/§
e)33inx+\/§cosx=1 f) 2cosx—3sinx+2=0
i) cos(2x—15°)+sin(2x—-15°)=-1 j) sin2x—+/3cos2x=1
k) 5cos2x+12sin2x =13 ) 2sin X +2cos X =2
D. BAlI TAP NANG CAO
Bai 5.  Giai cac phuong trinh sau:

a) 2sin®2x+ \/gsin4x =-3

c) 23in(x+£)+sin(x_£j:ﬂ
4 4

2

i) 2cos2x—sin2x=2(sinX+cos X)

K) sin5x+cos5x = V2 cos13x

b) oS X ++/3sin X = 2COS(%— xj

d) 2cos(x+£}+3c05(x——
6 3

T

2

j:ﬂ

j) 2sin17x++/3cos5x+sin5x=0

)] 85in2§—3sinx—4=0
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Dang 4. Phwong trinh thuin nhat bac hai d6i véi sin x va cos x
(Phwong trinh dang cap)

C6 dang: asin® x+bsin xcos x+ccos® x =0 (1)

Hogc  a’sin® x+b'sin xcos x+c'cos’* x =d (2)

A. PHUONG PHAP GIAI

asin’® x+bsin xcos x+ccos’ x =0 (1)
Hogc  a’sin® x+b'sin xcos x+c'cos* x =d (2)
Biénddi(2) <> a’sin x+h'sin xcos x+¢'cos” x =d (sin” x+cos” x)
< (a’'—d)sin® x+b'sin xcos X+ (¢’ —d)cos’ x=0 (2')

Phuong trinh (2') cing la dang (1) , Nén ta chi xét dang (1) . Néu gdap dang (2) thi ta dua
vé dang (1) nhu trén.
Sau day la cdch giai dang (1) :
cosx=0

@ Néu a=0 vab,c=0 thi (1) < cosx.(bsinx+ccosx)=0 < |
bsinx+ccosx=0

sinx=0

@ Néuc=0vab,a=0 thi (1) <sinx(asinx+bcosx)=0 «<|
asinx+bcosx=0

@ Néu a,b,c#0:

& Kiém tra xem véi cosx =0 thi (1) c6 thea hay khdng? (cosx =0 thi sinx =+1). Néu

théa thi ket lugn rang phwong trinh ¢é 1 ho nghiém la x = Z ikr (keZ).

¢ Vi cosx =0, chia 2 vé cua (1) cho cos’ X, ta dwoc phuong trinh:
atan’ x+btanx+c=0 1)

(1) la phuong trinh bdc 2 theo tanx, ta da biét cach giai (Xem phan 2).

& Nghiém cua (1) la nghiém cua (1) va x =%+ kz (néu co).
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> Chu y: Ngoai ra ta c6 thé dung cong thiic ha béc d@é dwa (1) vé dang phuong trinh bac
nhdt theo sin 2x va cos2x (Phan 3). Véi:

) 1-cos2x 2, 1+C0S2X

. . 1.
Sin® X = ————, €0S" X = ————, SiN X.COS X = —sin 2X
2 2 2

@ Ghi ch: Phuong trinh dang cap bdc 3:
asin® x+bsin? xcos x +¢.sin xcos® x+d cos®* x =0
Gidi tuong tw nhw dang cdp bdc 2.

B. BAl TAP MAU

Vidu 9. Hoc sinh xem Vidu 8 & SGK

Vi du 10. Giai cac phuong trinh sau:
a) 2sin® x—5sin Xxcos X —Cos? X = —2 b) 4sin?X—3+/3sin2x—2cos’ x =4
C) J3sin2x+2cos?’x-1=0 d) 2cos®x+3sin2x—8sin’x=0

Huéng dan Giai
a) 2sin® x—5sin Xcos X —C0s” X = —2

Xét cosx=0 < X =%+ kz,(k € Z) khdng thoa pt nén khong la nghié¢m pt.

Xét cosx # 0 <> cos® x=0 . Chia 2 vé pt cho cos? x

2sin®x  5sinxcosx cos’x -2
Pt ———— T ———5 = ——5— <> 2tan’ x—5tan x—1=-2(1+tan’ x)
cos® X cos® X cos’x  cos’ x
T
tanx =1 X=—+Kkr
< 4tan’ x-5tanx+1=0 = 1 < (keZ)
tanx == 1
4 X =arctan x 2 +kzm
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C. BAI TAP CO BAN

Giai c&c phuong trinh sau:

a) 2sin® X+sin XcosX—3cos* X =0 b) 3sin’® X —4sin Xcos X +5cos’ X =2
. . 1 . .

C) s1n2X+sm2X—2coszx=§ d) 2cos’ X +sin2x—4sin® x = —4

e) sin®Xx—10sin Xcos X+21cos’ Xx=0 f) cos®x—3sinxcosx+1=0

)] cos? X —+/3sin2x —sin? x =1 h) 2cos® Xx—3sinXcos X +sin® X =0

CAU HOI TRAC NGHIEM TU LUYEN

CAau 1 Tim nghiém ctia phuong trinh Sin X(c0sx—1)=0 .

A. Kzt;(kez). B. x=kr(keZ).
C. x=k2r(k eZ). D.x:%+k7z(keZ).

Cau 2 Tim diéu kién c6 nghiém cta phuong trinh asin x+bcosx=c.
A. a’+b*>c* B. a*+b*<c?* C. a’+b*>c* D. a®+b®<c®
Cau 3 Trong cic phuong trinh sau phuong trinh nao vo nghiém?

(I)cosx=\/§—\/§; (Il)sinx:l—\/i; (1) sinx+cosx=2.

A. (D). B. (I). C. (I1). D. (I), (1), (III) déu sai.
CAu 4 Tim nghiém cita phuong trinh SiN? X —Sin X = 0 théa man didu kién: 0 < X < 7 .
A x=Z. B. x=2, C.x=2, D. x=2.
2 3 4 6
CAau 5 Tim nghiém cta phuong trinh Sin* x—cos* x=0 .
A x=" k. B. x=2+kZ.
4 4 2
C. x=k—”. D. x=+"+k2r.
2 4
Cau 6 Tim nghiém ciia phuong trinh sin X —/3 cos X =0 .
A. X=%+k27z,keZ. B. X=%+k27z,keZ.
C. X=%+kﬂ',k€Z. D. X=%+kﬂ,keZ.
Cau 7 Tim nghiém ciia phwong trinh 2.sin Xx.cosx =1 .
A. x=k2r,keZ. B.X=%+k7r,keZ. C.X=k%,keZ. D. x=kr,keZ.
.4 X 4 X 5
Cau 8 Tim tit ca cic nghiém thudc khoang( 121 ) cua phuong trinh: SIN E+COS 525
7w 51 7w 2r Ar T w3 7 3w 57w
A —,— . B.—j—;—. C.——i—. D.——,—.
6 6 3 3 3 4 2 2 8 8 8
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COS X
nghiém.

m=>0 m>0
A -4<m<0. B. C.

m<-4 m<-4

Cau 10 Tim nghiém cta phuong trinh Sin (%+ 2xjcot 3x+sin(z + 2x)—\/§c035x =0 .

x=2 kX x=" . kZ
10 5 5 5

Al x=Z1k2E (kez). 8| x="+k2Z (keZ).
12 3 12 3
X:£+k2—7r Xzf kz_ﬂ
R R
x=2 kX x=" k%

10 5 10 5
c|x=24k% (kez). b.|x="+k?Z (keZ).
6 3 12 3

x:£+k2—ﬁ x:£+k2—7[

43 "5 3
Céau 11 Tim nghiém cta phuong trinh 2tan X +cot 2X = 2sin 2X + _n12 .
sin 2x

A x=t21kZ, (kez).
122

C. X=i%+k7r, (keZ).
CAu 12 Tim nghiém ctia phuong trinh Sin® 3X —c0s® 4X =sin? 5X —cos? 6X .
T T
A Xx=k— hay x=k=, (keZ).
12 y 4 ( )
C. x=kz hay x=k%, (keZ).
Cau 13 Tim nghiém cua phuong trinh 3cosx+2|sin X| =2.

Ax=24kZ, (kez). B. x=2+kz, (keZ).
2 "3 6

c x=2+kZ, (kez). D. x=~+kz, (keZ).
22 2

CAu 14 Tim didu kién cia tham s6 M dé phuong trinh COS? X—4C0SX+M =0 c6 nghiém.

B. X=i£+k7t, (keZ).
6

D. X:i£+k7z, (keZ).
9

~ . m
Cau 9 Cho phuong trinh msin X+ (m +1) COS X = —— . Tim c4c gia tri cia M sao cho phwong trinh da cho c6

D. -4<m<0.

x=kZ hay x=kZ, (keZz).
B. X 9ayx 2(6)

D. x=Kk27z hay x=k%, (kez).

A -3<m<5. B. 5<m<3. C. -3<mx<5. D. -5<m<3.
Cau 15 Véi gia tri nao cia M thi phwong trinh Sin 2x—~/3€0s2Xx =1+m c6 nghiém?
A. m<1. B m<-3vm=>1. C.-3<m«<l. D. -3<m<1.
BANG PAP AN
1 2 3 4 5 6 7 8 9 10
11 12 13 14 15
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